In this paper, we found the bounds of the extreme eigenvalues of normalized Laplacian matrices and signless Laplacian matrices by using their traces. In addition, we found the bounds for k-th eigenvalues of normalized Laplacian matrix and signless Laplacian matrix.
Introduction
The normalized Laplacian matrix of G is defined as
The signless Laplacian matrix of G is defined as ( ) ( ) ( )
normalized Laplacian matrix and ( ) Q G signless Laplacian matrix are real symetric matrices, their eigenvalues are real. We denote the eigenvalues of ( )
Now we give some bounds for normalized Laplacian matrix and signless Laplacian matrix.
Oliveira and de Lima's bound [1]:
For a simple connected graph G with n vertices and m edges,
where 1
Another Oliveira and de Lima's bound [1]:
4. Rojo and Soto's bound [4] :
where the minimum is taken over all pairs ( )
In this paper, we found extreme eigenvalues of normalized Laplacian matrix and signless Laplacian matrix of a G graph with using theirs traces.
To obtain bounds for eigenvalues of 
1
1 ,
real symmetric matrix, we found the result from Theorem 1. 
